We now come to the definition of permutational products (see [6] ). Let (A, B; 77) be an amalgam and choose arbitrary (but fixed) systems of left coset representatives S, T of A, B respectively modulo 77. Form the set W of all triplets (s, t, h) where s e S, teT, he 77. For arbitrary ae A define a map p{a) of W into itself by the rule (s, t, h)p(a) = (s1} t, hj where s,e S,hxe H and s1h1=sha.
Similarly, if beB we define (s, t, h)pib) = (s, tu h2) where txeT, h2eH and t,h2 = thb.
It was shown in [6] that: (iv) p(A) n p(B) = p(H) is isomorphic with H. Definiton 2.6. The permutational product of {A, B; H) with systems of coset represesentatives S, T is the subgroup of the symmetric group on W generated by p(A), p(B). (Distinct pairs of systems in general give rise to nonisomorphic groups, see [6] .)
We now require Theorem 2.7 [7] . Let F be the generalised free product of its subgroups Aa (a e I) with amalgamations Aa n AB = HaB (aj^ß), and let G be a group containing homomorphic image Aa<j>a of the Aa where two mappings <f>a, </>$ agree on their common region Haß of definition. Then the <f>a can be simultaneously extended to a unique homomorphism j> of the whole of F Into G.
This enables us to give Definition 2.8 [8] . Let G be any group generated by subgroups Aa (a e I) with amalgamations Aa n AB = HaS and suppose F is the free product of the Aa with these amalgamations. Then by Theorem 2.7, there is a unique (natural) homomorphism <j> from F to G which extends the isomorphisms from the Aa in F onto the Aa in G. If the kernel of <f> is contained in [Aa]F, G is called a generalised regular product of the Aa with amalgamations Haß.
Clearly every generalised free product is a generalised regular product of the same subgroups with the same amalgamations.
Finally we give Lemma 2.9 [8] . Let G be a generalised regular product of its subgroups Aa (a e I) with the single central amalgamated subgroup H. Then, for each a e I, Aa n [Aa]G = E. Lemma 2.10 [1] . If G is a generalised regular product of its subgroups Aa (a e I) with its amalgamated subgroup 77, then Aa n {aA}a = HA«. Lemma 2.11 [5] . If <f> is a homomorphism of a group G and if X and Y are subgroups such that Y contains the kernel of <A, then (X n Y)<j> = X<f> n Y<j>.
3. Proof of theorem. . However, Lemma 2.3 and Lemma 2.9 are still sufficient to deal with this and the required extension follows. We momentarily leave the proof of the theorem to obtain a lemma (Lemma 3.4) which, although it is not used in the proof of the theorem, is the converse of Lemma 3.7 which is an essential part of the proof. Together Lemmas 3.4 and 3.7 extend (and complete) theorems given by the author in [1] .
First we have Proof. Since G is generated by the Aa it is easy to see that every element g of G can be written as putting u=vm + 1vm we see that g=sx-■ -smqu as required.
To prove uniqueness suppose that We can now give the Proof of the theorem. Let P be the permutational product of (A, 77; 77) with the systems S, T of left coset representatives and let peP. Since P is generated by p(A), p(B) it is easy to see that p can be written in the form p = p It is now clear that q'1 e (77 n [A, H])(H n [77, 5] ). But by choice of Q this means that q=\. We have thus shown that s=t=q=\. This implies that p(s) = p(t) = p(q) = 1 and hence that U= 1. This completes the proof of the theorem.
